AMANTHZEIY
MANEAAAAIKQN 2018

MAGHMA

MAOHMATIKA ON- I'TEN

QPA ANAPTHZH2
11:45

e - 1 Ppovuothpia »
HOUKAWIOGS

O METAAYTEPOX ®PONTIETHPIAKOX OMIAOX ITHN EAAAAA



Pppovuompia

NnOUKapiods

YeAiba 2 amo 8



ITANEAAAAIKEY EEETAXEIX I TAZHX
HMEPHXIOY EITAITEAMATIKOY AYKEIOY

HMEPOMHNIA EEETAXHX: 11/06/2018
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AITANTHXEIX OEMATQN

OEMA A

Al. Zyohuo Biprio oerida 99
A2.AY
B. Zyohwo Piiio Zeh 35

[Mo mapddetypa n cuvaptnon

<0

x

elvan ‘1-17 oA Sev stvon 0

YVIOl0 LOVOTOVT] OOG QOIVETOL KOl GTO GYNLLOL.

A3. Zyohwo Pipiio ced 216
A4. a) A B) A Y)Z )P

OEMA B

B1. Eivan f(X)=X—i2,X ell —{O}
X

H f ovveyng oto Dy =0 — {O} O¢ TPAEEIS GLVEYDV .

H cvvépton f topaywyioun og tpdéelg mopayoyiciumy cuvapTHCE®Y UE

, 4 8 x*+8
f(X):(X—FJ :1+F: X3 y XED —{O}
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To npdonpo g f' eivon pe Pdon to mapaxdte Tivoka

X —0 -2 0 +00

x*+8 - é + +

x*+(x*+8) + - +

Apa 1o poonuo ¢ ' ko m povotovia g f @aivovrol otov Topoakdtom wivako

X —0 —2 0 +00
f'(x) + O - +
f(x) 1 2 1

Apan f elvar yynoiog avéovoa ce kabéva amd o SloeTiHoTo (—OO, —2] Ko (0, +OO) eV givat

ynoiog bivovsa oto Siiotnpa [-2,0)

Ty 0éon X, =—2 mopovotdlel tomkd péyioto to f(-2)=-3

B2. H f'(x) nopayoyicwn og pnt pe '(X) :(1+ —3j :_—4
X

Etvor yie k60e x €[] —{0} "(x) <0

apan f eival koidn og kabéva and ta Swotipata (—0,0) kot (0,+0)

B3. Katokopven acountmtn 0o avalntiocovpe oto X =0

Enopévaoc
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lim f (x) = lim X4 = lim (X3—4)~i2:|=(—4).(+oo):—oo

x—0" x—0" X2 x—0" L

. - ox*-4 1
i (0)= lim X5 = i | (¢ -4)-& |= (0)-(40)= =0

Apan evbeia X =0(0 a&ovag Yy ) katakopven acvurte™ g f.

[MAdyreg —Oprldvtieg Ba avalntioovpe 6To +00 KoL GTO —oo
INa va gtvarn y=AX+B,A,B ll aocdpntot mg C, 610 +00 (avTIoToiy®s 6T0 —0 ) apkel To

. f(x :
opa A = lim Q kot B= lim [f (X)—?»X} va etvar Tpaypoikot aplfpol (avtiotoiymg

x>+ X X—>+00

_f(x) :
fim = e B Jim [ () -2x]
x®—4

f(x v 3I_
tim 209 i X im X4 4im X La

X0 Y X0 X X400 Y X—>+00 X

3 3 3
] ) X =4 . X*—-4-x . -4
lim f(x)-x= Ilm( - —sz lim =————=lim — =0
X—>+00 X—>+00 X X—>+00 X X400 X

Apan evbeia Yy =X givar acopnto mg f 610 +0

x4
- f(x ) 2 X =4 ..
Eniong lim Q: lim —X—= lim — lim —=1
X—>—o X X—>—00 X x>0 X X—-0 X
3 3 3
. . X° -4 . X°—=4-Xx . 4
Ilmf(x)—x=llm[ - —xlelm ———=1lim—=0
X—>—0 X—>=00 X X—>—00 X X——0 X

Apan evbeia Yy =X givar acvpntom g f 610 —0

B4. Mg Bdon o mopomdve epotiuoto n ypaeikn tapdotacn g T elvan n mapaxdto :
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4
fX)=0ex-—=0=x= Ya EMOUEVOC TEUVEL TOV GEOVA X X GTO onueio A(Q/Z, 0)
X

OEMAT

I'l. H mepipetpog tov teTpary®dvov givatl X m, omwote 1 mAeLpd Tov o givan e

Pppovuompia - ' .
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To x maprotdver pnrog elvar X >0 oA ka1 X <8 mov givar T0 GLVOAKE UNKOG ToV GVPUATOG, Apa.
X2
0<x < 8. Enopévag to gpfadov tov tetpaymvou givar E(x) = TS Me 10 VTOLOITO TOV GVPLOTOG

10 omoio eitvar 8 —X Katackevalovpe Tov KOKAO OV £XEL UNKOG:

L=2np<=8—x=2mp<=>p=—-m
2n

Ondte 0 KOKAOG £yl eUPaddv:

To dBpotopo TV epPadav ivat:

2 (8—x) nx’ —x)* mx’+4(64—16x+x°
X +(8 X) _ ™ +4(8-x) _ ( X+X)

B =16+ o 16m 16n
_mx?+256—64x +4x> _(n+4)x’ ~64x+256 x<(0,8)
16m l6n

I2.H E eivor mopayoyiowm pe E'(x) = i(2(7r+4)x—64) :i((ﬂ:+4)x—32) e x €(0,8)

167w 8n
Eivou E'(X) =0 x= Ko giva, E'(X) >0 x> VO,
4+m 4+m
E'(x)<0&x<
4+m
0 = 8
n+4
E'(x) " s
E(x) N <

Apa, givon Eyvncimg(pewovcu(O,xo] Kol Eyvncstwgowﬁovca[xo,8) kol E moapovcialetl eAdyioto

2
610 X, ~ 70 E( 32) 1{(n+4) 32 64 % +8-32}:£(g—%+8j: 16

n+4 n+4 :E (n+4) n+4 lon\ln = n+4
32
H diépetpog tov kokhov § =2R = — 2+ 4 KOl 1] TAEVPE TOV TETPAYOVOV Eivail
T T+

32
o= TC_+4 = L =9

4 n+4
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I'3. H E elvar cuveyng kat yvnoing divovca 6to (O, 324} Gpa
T+

o) = e -[257)
n+4 T+4) x>0 n+4 w

(m+4)x* —64x+256 256 16
16mn Clén =

apov E 32 = 16 ko lim E(x) = lim
n+4) m+4 x—0° x>0

2
8| dpa
n+4 ] P

“{ 250 g o < 5]

H E elvar cvuveyne kot yvnoing avéovca oto [

apov E[ 32 j 16

n+4 :n+4

(m+4)x* —64x +256 . (t+4)-8°-64-8+256 4
16n xo 167 -

lim E(x) = lim
x—0" x—8~

5eE|]|0, 32 ka1 E yynoiog pbivovoa oto | 0, iy apa vdpyet povadikd X, €| 0, 32
n+4 n+4 n+4
wote E(X,)=5

To5¢E (i,O} Gpo. dev vIapyEL X, € (i,O} wote E(x,)=5
n+4 n+4

Apd. vrapyst povadikd X, E(O, 32 } wote E(X,)=5

n+4

H POH TQN AMNMANTHZEQN ZYNEXIZETAI

Yyoraopog Ospatov Madnpotik®v OIl ard 10 AKadNpaiké Tpunpa

Ta 6épata kpivovtarl amaitntikd. To devtepo BER etvon oyeTikd €O0KOAO KOl LAAAOV OVOLEVOLEVO.
To tpito Bépa elvar yeopetpikd TPOPANLOA TO OTOI0 ATUITOVGE YVAOGCELS TPONYOVUEVOV TAEEWV KOt

elye Khpaxobvpevn dvokoiio. Télog, To tétapto BEpa KpiveTal £peTikd SVGKOAO.
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